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Rotor-Flux Vector Based Observer of Interior
Permanent Synchronous Machine
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and Ikechukwu Charles Odeh , Senior Member, IEEE

Abstract—In this article, the sensorless control sys-
tem of the interior permanent magnet synchronous motor
(IPMSM) is considered. The control system is based on
classical linear controllers. In IPMSM, there occurs nonsi-
nusoidal distribution of rotor flux together with the slot har-
monics, these are treated as control system disturbances.
In this case, the classical observer structure in the (d-q) is
unstable for the low range of rotor speed resulting in distur-
bances. This negative effect can be minimized by using the
observer structure, which is based on the rotor flux vector
in (α-β) stationary frame together with the classical rotor
speed and position law of estimation. The performance of
the observer structure is validated by simulation and ex-
perimental results in the sensorless control system with
field-oriented control.

Index Terms—Adaptive observer, sensorless control,
speed observer.

NOMENCLATURE

“^” Estimated values.
“∼” Error of estimated values.
Rs Stator resistance.
Ld, Lq Winding inductances.
J, TL, Te Inertia, load, and electromagnetic torque.
isα, β Stator current vector components.
usα, β Stator voltage vector components.
ψf Permanent magnet flux linkage.
ψfα, β Permanent magnet flux components.
λα, β Rotor flux vector components.
ωr Rotor angular speed.
θr Rotor position.

I. INTRODUCTION

THE interior permanent magnet synchronous motor
(IPMSM) are used in many industrial systems, especially
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those with high drive requirements (precision of speed control
and high dynamics of work). Most often, these machines are used
in direct drives; that is, without mechanical gears. In this case,
the low-speed motor is coupled directly to the working machine
and the rotational speed is limited to several hundred rpm [1].
Slow-speed drives allow an increase in the efficiency of energy
conversion due to the elimination of power losses in mechanical
transmission. These drives are most often used in controlled
machine tools, robotic drives, printing machines, benders, and
traction vehicles [4]. Moreover, less system cost and improved
robustness of the system are among the noticeable achievements
of IPMSM sensorless control technology. The control technique
of the IPMSM sensorless drive can be classified based on the
speed of operation. For medium- and high-speed operation, the
flux linkage model or back electromotive force model (EMF) can
be used [2], [3]. There are two main IPMSM models which are
based on the extended EMF (EEMF) and active flux concept. The
characteristics of EEMF are mostly the same as the traditional
EMF model. The only difference is that it shows an extra
coupling in stator current dynamics and reluctance of IPMSM
in the EEMF equation. The model based on active flux concept
works on flux that generates torque needed to model the IPMSM.
In this method, active flux can be determined by integrating the
stator equivalent circuit. This approach faces parametric error
and it is also influenced by the integration dc offset [2], [3],
[4], [5]. In order to remove the nonlinearity of the mentioned
models, a disturbance observer was proposed; which will first
estimate the EEMF by disturbance observer, and then an adaptive
observer will be used to extract the rotor position from EEMF
[6], [7]. The synchronous reference frame model was imple-
mented to estimate the rotor speed; however, it is concluded
that this method is more sensitive to variation in the parameters
[8], [9]. Model reference adaptive systems [10], sliding mode
observers [11], [12], [25], extended state observers [13], [14],
[15], [16], [17], [18], and adaptive filters [19], [20] are popular
closed-loop observer techniques used for IPMSM drive (which
are based on the EMF). To estimate rotor position and speed, a
direct approach was proposed in [21] and [22]. In this approach,
the inverse trigonometric function was used for estimating the
position of the IPMSM rotor. This inverse trigonometric function
was obtained from the estimated back EMF space vector. How-
ever, the estimated quality depends on back EMF; which might
be distorted due to the nonlinearity of the inverter, parameter
variation, and offset measurement. Deviation in the phase and
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frequency can be experienced because of this distortion [23].
Moreover, it is noticed that IPMSM can be unobservable when
the fundamental frequency observer gets to its limit at zero
stator frequency and the back EMF reaches zero. Therefore, the
methods based on the EEMF have weak properties for low-speed
range of the rotor and should be applicable for the high-speed
range.

In order to improve the properties of an observer system
high-frequency (HF) voltage injection methods can be used [24],
[25], [26], [27], [28], [29], [30], [31]. It has been shown in [26],
[28], and [29] that HF voltage injection methods based on spatial
variations in the inductance of motors can achieve satisfactory
control performance; from zero speed to high speed under
various loading conditions. In these methods, the injected HF
voltages produce HF currents; from which the estimated error
signal of the rotor position can be extracted. Another solution
is to inject the sinusoidal current and estimate the position by
using the virtual EMF [28], [29]. These methods, (HF injection
of stator voltage) were recommended to a nonideal IPMSM
machine; in which the spatial harmonics and/or nonsinusoidal
distribution of EMF occurred [31]. However, sometimes the use
of these methods is not straightforward in engineering practices
due to the extensive sensorless control structure. For example,
in [30], the sensorless control system was proposed in which the
spatial harmonics are compensated by using repetitive control.
The proposed method improves the estimation of rotor speed
as well as rotor position; however, its industrial application
is limited due to many tuning gains in the sensorless control
scheme.

Herein, we propose rotor-flux, vector-based adaptive observer
to estimate the speed and position values of IPMSM. In the
presented IPM motor, both spatial harmonics and nonsinusoidal
EMF occur. Due to the machine’s asymmetry, the observer struc-
ture is based on the mathematical model in the α-β reference
frame, in consideration of the rotor flux vector. However, the
rotor speed and position are not calculated using the extended
EMF mathematical model. The observer structure in the α-β
reference frame is more robust in attending to disturbances
because the state variables are not transformed through the
estimated rotor position to the d-q reference frame. The rotor
speed is estimated by using the conventional adaptive law ([3],
[7], [8]); hence, the order of observer structure is decreased.
The rotor position is determined by using the integration of the
rotor speed value. In such a solution [3], [7], [8], the integrator
is in the open loop and the observer structure can lose stability.
Therefore, to improve the stability range and overall properties
of the observer structure, we propose to introduce additional new
feedback laws. Proposed stabilization functions are noncontin-
uous or constant; especially at low-speed range of the rotor or
at standstill operation of the IPMSM. These additional injected
functions to the adaptation law of the rotor speed and position
satisfy the persistent excitation condition [27]. Also, they ensure
the stability of the sensorless control system; especially for
low-speed range with load torque injections. This approach
is validated through theoretical, simulation, and experimental
investigations in Sections III and IV.

The main contributions of this article are as follows.

Development of an observer structure that is quite robust on
disturbances (slot’s harmonics, visible in Fig. 8). The observer
structure is associated with the α-β reference frame, and it is
assumed that the slot’s harmonics are not compensated in the
control system.

Development of robust adaptive mechanism via additional sta-
bilizing functions in the speed adaptation law.

Improvement in the rotor position estimation due to the proposed
robust stabilizing function; especially for low-speed range.

The proposed concept is verified through analytical and sim-
ulation results; validated by experimentation on IPMSM 3.5 kW
machine with nonsinusoidal back-EMF distribution.

II. MATHEMATICAL MODEL OF IPMSM

The mathematical model of IPMSM considered in this article
is in the α-β reference frame [27], [31]

disα
dτ

=
ωr

Ld
λβ + (−Rsisα + usα)L1 + (−Rsisβ + usβ)L3

(1)

disβ
dτ

= − ωr

Ld
λα+(−Rsisα+usα)L3+(−Rsisβ+usβ)L4

(2)

dωr

dτ
=

1

J
(ψfαisβ − ψfβisα + (Ld − Lq)isαisβ − TL) (3)

dθr
dτ

= ωr (4)

where

λα = LdL
−1
q ψfα − (

1− LdL
−1
q

)
(L0iα2 + L2isα) (5)

λβ = LdL
−1
q ψfβ +

(
1− LdL

−1
q

)
(L0iβ2 − L2isβ) (6)

where parameters L0, L2, and functions L1, L3 , L4, and the stator
current Park transformation are defined in Appendix.

It is assumed that the machine parameters are known as
unchanging in time. Operation domain D is defined as follows:
λmax, imax

s ,ωmax
r , and Tmax

L mean the maximum values of rotor
flux and stator current vectors, rotor speed, and load torque such
that |λ|= λmax, |is| ≤ imax

s , |ωr| ≤ ωmax
r , TL ≤ Tmax

L where it
is assumed Tmax

L = Ten and imax
s ≈ 1 p.u.

The design of permanent magnet machines contains the sinu-
soidal and nonsinusoidal EMF distribution in which additional
spatial harmonics can occur. In this article, the presence of
nonsinusoidal EMF distribution in IPMSM is considered. The
waveforms of nonsinusoidal EMF are presented in Fig. 8. The
number of slots is 36 and the 18th harmonic is dominant. These
harmonics are not compensated by using an extended control
system like in [30]. In order to maintain the appropriate quality
of the sensorless control, the occurrence of disturbances should
be considered in the observer structure. Due to this, the design
of the speed observer structures in many applications involves
rigorous and complicated procedure. Herein, in the next section,
the adaptive full-order observer is presented based on the model
determined in (1) and (2) and the rotor flux dependencies (5)
and (6) in the stationary α-β reference frame.
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III. SPEED AND POSITION OBSERVER BASED ON ROTOR

FLUX VECTOR

The adaptive mechanism for PMSM/IPMSM was presented
in [2], [7], and [8]; therein, the analytical modeling was in
(dq) reference frame. The use of the ideal model of IPMSM
in this reference frame in the observer design procedure can
lead to estimation errors and instability of the sensorless control.
Hence, in this article, a solution is proffered which is based
on the observer model in the stationary α-β reference frame
connected to the stator. In this case, the speed observer structure
is nonsymmetrical. This is because the proposed model contains
the functions L1, L3 , and L4 introduced to (1) and (2); these
functions are expressed in terms of the actual rotor position.
Considering the mathematical model (1) and (2), the observer
structure has the following form:

dîsα
dτ

=
ω̂r

Ld
λ̂β +

(
−Rsîsα + usα

)
L1

+
(
−Rsîsβ + usβ

)
L3 + vα (7)

dîsβ
dτ

= − ω̂r

Ld
λ̂α +

(
−Rsîsα + usα

)
L3

+
(
−Rsîsβ + usβ

)
L4 + vβ (8)

dθ̂r
dτ

= ω̂r + vθ (9)

where vα,β, and vθ are stabilizing functions in (7) and (8);
and their form will be determined by using the stability of the
Lyapunov method, and usα,β are treated as known values.

The rotor flux vector components can be estimated using (5)
and (6) as follows:

λ̂α = LdL
−1
q ψfα − (

1− LdL
−1
q

) (
L0îα2 + L2îsα

)
(10)

λ̂β = LdL
−1
q ψfβ +

(
1− LdL

−1
q

) (
L0îβ2 − L2îsβ

)
. (11)

Remark 1: It is assumed that in the observer structure (7)–
(11), the functions L1, L3, L4, and iα2, iβ2, ψfα,β the estimated
value of rotor position and stator current vector components
îsα,β are used, which were defined as follows:

L1=L
−1
d cos2θ̂r+L

−1
q sin2θ̂r, L3=0.5

(
L−1
d −L−1

q

)
sin(2θ̂r)

(12)

L4=L
−1
d sin2θ̂r+L

−1
q cos2θ̂r, îα2= îsα cos 2θ̂r+ îsβ sin 2θ̂r

(13)

îβ2 = − îsα sin 2θ̂r + îsβ cos 2θ̂r (14)

and L0, L2 are defined in Appendix.
The designing procedure requires two steps. In the first step,

stability analysis should be provided to stabilize the observer
structure. The introduced stabilizing functions (7)–(9) stabiliz-
ing function has to satisfy the Lyapunov stability theorem in
which the chosen candidate function V should be positively
determined. The quadratic Lyapunov function has the following

form:

V = 0.5
(
(̃i2sα + ĩ2sβ) + θ̃2r

)
(15)

where the following deviations are assumed:

ĩsα,β = îsα,β − isα,β , ω̃r = ω̂r − ωr, θ̃r = θ̂r − θr. (16)

The derivative of the Lyapunov function should be negatively
determined; that is V̇ ≤ 0. Appropriate substitutions in the
derivative of (15) yields

V̇ = ĩα

(
L−1
d (ω̂r(λ̂β − λ̃β)− ω̃r(λ̂β − λ̃β)

−Rs(̃isαL1 + ĩsβL3) + vα

)

+ ĩβ

(
− L−1

d (ω̂r(λ̂α − λ̃α)− ω̃r(λ̂α − λ̃α)

−Rs(̃isαL3 + ĩsβL4) + vβ

)

+ θ̃r (ω̃r + vθ) ≤ 0. (17)

The observer structure is asymptotic stable if the stabilizing
functions have the form

vα = − cαRsL1ĩsα + cλL
−1
d ω̂rλ̂β ĩsα (18)

vβ = − cαRsL4ĩsβ − cλL
−1
d ω̂rλ̂αĩsβ (19)

vθ = − cθ θ̃r (20)

where cα, cθ, cλ> 0 are introduced to the stabilizing functions
in (7)–(9) tuning gains of the observer.

In order to estimate the rotor speed, the Lyapunov function in
(15) should be extended to the rotor speed deviation term V1 =
γ−1ω̃2

r . Thus, the derivative of the Lyapunov function assumes
the form

V̇ = ω̃rL
−1
d

(
−λ̂β ĩsα + λ̂αĩsβ +

1

γ
˙̃ωr

)
≤ 0. (21)

The rotor speed value can be estimated by using the adaptation
mechanism directly from (21)

˙̃ωr = γL−1
d (λ̂β ĩsα − λ̂αĩsβ) for γ > 0 and ˙̃ωr ≈ ˙̂ωr. (22)

Further considerations will demonstrate that the estimation
errors can exponentially converge to zero in finite time t > t1.
Then, since the system (1) and (2) stays in operation domain D,
hence if

cα1 = max
{
ĩsαRsL1

}
+ δ1 (23)

cα2 = max
{
ĩsβRsL4

}
+ δ2 (24)

cθ = max
{
θ̃rω

−1
r

}
+ δθ (25)

with δ1, δ2, δθ> 0 and for ĩsα,β ≤ ε1, θ̃r ≤ ε2, ω̃r ≤ ε3 and
ε1,2,3 << 1 are sufficient small reals, the derivative of the
Lyapunov function takes the following form:

V̇ = −δα
∣∣̃isα∣∣− δβ

∣∣̃isβ∣∣− δθ

∣∣∣θ̃r
∣∣∣ ≤ −μ

√
V (26)
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Fig. 1. Space vector representation of IPMSM in the α-β plane.

where μ = min(
√
2δα,

√
2δβ ,

√
2δθ) and δα = δ1 + δ2.

The condition (26) implies the convergence of vector values
îs to is and�λ to λ. Hence, θ̂r tend to real value θr in finite time,
denoted as t2. For (λ̂β ĩsα − λ̂αĩsβ) �= 0 and γ ≥ 0 the rotor
angular speed estimated from (22) converges exponentially to
its real value ωr. Assuming that cα = cα1 = cα2, the value of
cα can be determined as follows:

cα = max

{
Rsĩsα

√
L2
1 + L2

4

}
(27)

and value of cλ can be determined (assuming cα = 1 and
|ω̂r|(λ̂2

α + λ̂2
β) �= 0) in the following form:

0 ≤ cλ ≤ RsL1λ̂β −RsL4λ̂α

L−1
d |ω̂r| (λ̂2

α + λ̂2
β)
. (28)

Remark 2: In (20), there exists the estimation error of the
rotor position. The rotor position error is not available, because
in the sensorless control system, the rotor position and speed
are not measured. Therefore, the deviation θ̃r can be replaced
with the approximated value of this deviation and then (20) is
rewritten

vθ = −cθ θ̃λ. (29)

The vectors in the machine rotate with the synchronous angu-
lar speed of the flux vector of the permanent magnets ωf; whose
value is equal to the rotor angular speed. The rotor position is
equal to the position of the flux vector of permanent magnets.
Therefore, the deviation between two positions of the rotor flux
vectors in which one of them is estimated from (10) and (11)
and the second is calculated from (5) and (6) can be calculated
from

θ̃λ = tan−1 (ϕ) (30)

whereϕ = (λαλ̂β − λβ λ̂α)(λαλ̂α + λβ λ̂β)
−1

and the rotor flux
vector components λα, β can be determined from (5) and (6) in
which it is assumed θr ≈ θ̂r and the measured values of isα,β are
used and (λαλ̂α + λβ λ̂β) �= 0. Value θ̃λ can be projected using

θ̃λ =

{
θ̃λ − π/2, ϕ ≥ 0

θ̃λ + π/2, ϕ < 0

}
. (31)

The value θ̃λ is close to zero and after amplifying, this value
can be θ̃r ≈ θ̃λ. The angle defined in (30) was shown in Fig. 1.

Remark 3: The rotor speed value in the proposed observer
structure is estimated from (22). The estimated value of the rotor
speed is dependent on the stator current error and rotor flux
vector components. In (22), there is a cross product of these

vectors. It can be noticed that for different working points of the
IPMSM, the mutual position of these vectors does not have the
same value. For the ideal case, if these vectors are perpendicular,
their scalar product is equal to zero. In practice, the scalar product
of these two vectors is close to zero but not zero for the observer
gains (27) and (28). It implies that the estimated rotor speed
error will be proportional to the scalar product of these two
vectors (which will be proved by using the simulation results).
Therefore, to improve the robustness of the speed observer, it
is proposed in this article to introduce the updated estimation
law, which is based on the cross and scalar product of the rotor
flux and stator current errors. The estimation law (22) can be
modified to the following form:

˙̂ωr = γL−1
d

(
λ̂β ĩsα − λ̂αĩsβ − kcsω

)
(32)

where

sω =
(
λ̂αĩsα + λ̂β ĩsβ

)
(33)

and |sω| ≤ εω its value to be bounded.
Gain kc has an important meaning when the machine is

passing through zero speed. From the observability condition,
the position and speed observer system are observable for the
rotor speed ωr � 0 or the four conditions are satisfied [27].
For the zero speed range, the additional observer couplings (9),
(32) cause the value of sω is always different from zero; and
has a higher value than in the different working points. This
is particularly visible in simulation and experimental results.
It means that the rotor angular speed is estimated with low
accuracy, which influences the rotor position estimation. The
rotor position directly depends on the estimated rotor speed
value. Deterioration of the estimation process is caused by the
mutual position of the rotor flux and estimated stator current
error vectors. This is the cross product and its value influences
the scalar product which is in the term sω . Therefore, the value
of sω after amplification is converged to rotor speed estimation
error (phase of its oscillation as well as values), hence through
the implication the transient (value and phase) of the stabilizing
function (29) is close to position estimation error.

The tuning gains can be specified from the model of the
observer errors linearized near an equilibrium point in the d-q
reference frame. This model is connected to the flux ψf, which
is based on the mathematical model in (dq) reference frame [2],
[4], [5], [6], [7], [8]. The general form of the linearized system
is

d

dt
Δx(t) = AΔx(t) +BΔu(t) (34)

where A, B are the Jacobian matrices and Δx(t) =

[̃isd, ĩsq, ω̃r, θ̃r]
T
, Δu(t) is treated as known control inputs.

By using the observer errors (16) for (dq), the matrix A of the
observer system can be determined as follows:

A=

⎡
⎢⎢⎣

−a1(1 + cα) a2ω
∗
r(1 + cλ) a2i

∗
sq 0

−a3ω∗
r(1 + cλ) −a4(1 + cα) −a3i∗sd 0

−γa2(i∗sq − kci
∗
sq) γa3(i

∗
sd + kci

∗
sq) 0 0

0 0 1 −cθ

⎤
⎥⎥⎦

(35)

D
o

w
nl

o
ad

ed
 f

ro
m

 m
o

st
w

ie
d

zy
.p

l

http://mostwiedzy.pl


MORAWIEC et al.: ROTOR-FLUX VECTOR BASED OBSERVER OF INTERIOR PERMANENT SYNCHRONOUS MACHINE 1403

Fig. 2. Simplified speed and position observer structure scheme.

(a) (b)

Fig. 3. Spectrum of matrix A of the linearized observer system for cα
= 3.0, cλ = 0.05, kc = 0.5, TL = 1, ωr = 0 p.u. and (a) cθ = 0, (b) cθ =
0.1 p.u.

(a) (b)

Fig. 4. Spectrum of matrix A of the linearized observer system for cα
= 3.0, cλ = 0.05, TL = 1, cθ = 1 and for: (a) rotor speed is changing
from −1.0 to 1.0 p.u. and kc = 0.5, (b) kc is changing from 0 to 2.0 p.u.
and ωr = 1.0 p.u.

where a1 =RsL
−1
d , a2 =LqL

−1
d , a3 = LdL

−1
q , a4 = RsL

−1
q ,

and i∗sd, q imply the values determined from the
working point. This point can be obtained from i∗sq =
TL/(ψf + (Ld − Lq)i

∗
sd). It is assumed that i∗sd = −0.05 p.u.,

ω∗
r = ωr.
In Fig. 3(a), the rotor speed is ωr = 0 p.u. and the load torque

is equal to 1.0 p.u. For cθ = 0, the observer structure is unstable
due to the open integrator form of (9) – one pole of the system is
always equal to zero. For cθ � 0, the system is stable [Fig. 3(b)].
In Fig. 4(a), the rotor speed is changed from −1.0 to 1.0 p.u. and
the load torque is equal to 1.0 p.u. In Fig. 4(b), gain kc in (32)
is changed from 0 up to 2.0 p.u.

For kc = 0, the observer pole is close to the zero point but for
kc = 2, it drifts away from zero. However, oscillations can occur
due to the imaginary value of the poles. The same phenomenon

(a) (b)

Fig. 5. Spectrum of matrix A of the linearized observer system for cλ =
0.05, kc = 0.5, TL = 1, ωr = 1.0 p.u., cθ = 1 and for: (a) cα is changing
from 0 to 10 p.u. and (b) γ is changing from 0.01 to 2.0 p.u. and cα =
3.0 p.u.

Fig. 6. Sensorless control scheme of the IPMSM machine.

goes for cα gains; this is visible in Fig. 5(a). In Fig. 5(b), γ is
changed from 0.01 up to 2. For γ = 0.01 one of the poles is close
to zero. For γ = 2, the system is more stable because the poles
are at some distance away from the zero point; but oscillations
are increased. In summary, the presented stability analyses in
this section confirm that the value of the observer tuning gains
is close to the approximation values from (27) and (28). For cθ
= 0, the observer structure is unstable and in order to improve
the stability range the observer gains should be: cα >> 1.0 and
kc > 0. Properties of the proposed solution allow replacing in
(20) estimated position error value θ̃r ≡ θ̃λ and rewriting (32)
in the form ˙̂ωr = γL−1

d (λ̂β ĩsα − λ̂αĩsβ − ω̃r). It then follows
that the assumption (22), where ˙̃ωr ≈ ˙̂ωrand ω̇r = 0, is correct
and justified.

The speed and position observer structure scheme is presented
in Fig. 2. In the sensorless control system scheme shown in
Fig. 6, the classical FOC is implemented by using the MTPA
algorithm [2], [27] or field weakening method [31]. In this
control system, the phase stator currents (a, b) are measured
and transformed to α-β reference frame. In order to obtain the
currents in d-q frame, Park’s transformation was used [31]. The
observer gains in the simulation and experiment were: cα = 3.0,
cλ = 0.001, kc = 0.1, cθ = 0.15 in p.u.

In Fig. 7, chosen simulation results are presented. In order
to confirm the theoretical hypothesis, the IPMSM is starting up
to 2.0 p.u. [Fig. 7(a)]. The estimated îsq , sω defined in (33),
estimated rotor position θ̂r and θ̃λ defined in (31) are shown.
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(a) (b)

Fig. 7. Simulation results for (a) machine is starting-up to 2.0 p.u.,
(b) standstill machine test, machine is not-loaded (TL = 0.02 p.u.).

TABLE I
IPMSM PARAMETERS AND REFERENCES UNIT

The machine is field-weakened [31]. In Fig. 7(b), after 1 s the
reference speed is changed from 0.1 to 0 p.u. and after 2 s
to −0.2 p.u. The same variables are displayed as in Fig. 7(a),
together with the measured rotor position θrM . The IPMSM is
not loaded (TL = 0.02 p.u.). During standstill, there is a visible,
how the proposed stabilizing function θ̃λ prevents the sensorless
control system from being unstable in the unstable range. The
proposed function, θ̃λ, has a value smaller than 0.1 p.u. (it
depends on the load torque TL) and it is not constant but almost
sinusoidal. This value influences the voltage vector components,
usα,β [Fig. 7(b) usα waveform], and averts loss of stability (usα,β
= 0), (condition of stability are given in [27]).

As shown in Fig. 7 the simulation results confirm that the
sensorless control system is stable for rotor speed higher than
the nominal; as well as for the standstill operation.

In the next sections, the chosen experimental results will
confirm the above theoretical hypothesis.

IV. EXPERIMENTAL RESULTS

The experimental tests were carried out on a 3.5 kW drive
system with the nonsinusoidal back-EFM distribution, supplied
by the VSC. The electric drive system parameters are given in
Table I. The control system was implemented in an interface
with a DSP Sharc ADSP21363 floating-point signal processor

(a) (b)

Fig. 8. Stationary state of the machine. Measured (a) phase “A” EMF
voltage, (b) phase to phase “A-B” EMF voltage.

(a) (b)

Fig. 9. IPMSM (a) is starting up from 0.1 to 1.0 p.u. for (a) sensor-
less control system with the proposed observer, (b) is reversing up to
−1.0 p.u.

and Altera Cyclone 2 FPGA. The sampling time was 150 µs
(6.6 kHz) and the transistor switching frequency was 3.3 kHz.
In the DSP board, the control system structure from Fig. 6 was
presented. The control system computational time is about 49μs
(is increasing due to trigonometric function calculation) without
code optimization.

In Fig. 8(a), the experimental measured phase “A” EMF
voltage of the IPMSM is shown. This waveform confirms the
nonsinusoidal EMF distribution in the machine. In Fig. 8(b),
the measured “A-B” EMF voltage of IPMSM is shown. In both
waveforms, the slot harmonics are visible. The speed observer
is based on the sinusoidal machine model. Therefore, the ad-
ditional slots harmonics and nonsinusoidal shape are treated as
the observer system disturbances, which have bounded value
and frequency.

These disturbances have great importance during the low
speed of IPMSM operation under sensorless control conditions.
This is visible close to 0.1 p.u. rotor speed without the load
torque Figs. 9(a) and 10(b).

In order to show the properties of the proposed observer the
experimental verifications have been divided into four scenarios:

1st – machine start-up and speed reversal;
2nd – standstill and load torque injections for medium speed;
3rd – low-speed operation under load torque;
4th – nominal parameters uncertainties.
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Fig. 10. IPMSM is not loaded and (a) starting up to 2.0 p.u.,
(b) reversing from −0.1 to 0.1 p.u.

In the experimental results, the estimated stator current com-
ponents îsd, îsq , rotor speed ω̂r, and rotor position θ̂r as well
as measured rotor position θrM . The nominal value of elec-
tromagnetic torque is Ten ≈ 0.8 p.u. (for the nominal value of
stator current), however, in Fig. 14(b) this value is increased up
to 150% (Tmax

L = 1.5Ten ≈ 1.3) to show the behavior of the
sensorless control system.

A. Drive Starting and Reversal

The first scenario is presented in Figs. 9 and 10. In Fig. 9, the
machine is starting up from 0.1 to 1.0 p.u., and the load torque
was about 0.1 p.u. during this test. In Fig. 9(a), the waveforms of
indicated variables are shown in the sensorless control system.
The estimated rotor speed error is smaller than 0.02 p.u. in the
dynamic states. In Fig. 9(b), the machine is reversing from 1.0
to −1.0 p.u. The rotor speed error during the zero-crossing
is smaller than 0.025 p.u; also the estimated position error is
smaller than 0.05 p.u.

In Fig. 10(a), test result for high value of rotor speed is shown.
The machine is field-weakened, similarly as shown in Section III
– [Fig. 7(a)]; and the value of the rotor speed is two times the
nominal. The rotor position error is smaller than 0.05 p.u. in the
dynamic state and the average rotor speed error is ∼0.025 p.u.
for the rotor speed value of 2.0 p.u.

In addition to the presented variables, the speed value ω̂rEMF

is estimated by using the back-EMF observer [8] is also shown,
for comparison. As seen, the value of ω̂rEMF estimated with
0.07 p.u. error for the low speed, and about 0.12 p.u. for the high
speed (2.0 p.u.).

In Fig. 10(b), the IPMSM is reversing from −0.1 to 0.1 p.u.
on no-load at the estimated rotor speed. The oscillation value
depends on the reluctance torque as well as on the slot’s harmon-
ics and trapezoidal EMF distribution which are visible in Fig. 8.
These are treated as disturbances to the observer system. For this
case, the higher oscillations cannot be damped in the observer
structure by using other sets of gains. This effect occurs when
the machine is on no-load. The oscillations can be compensated
if the control system from Fig. 6 will be extended to the damping

Fig. 11. (a) Rotor speed is changed from 0.1 to −0.1 p.u., TL =
0.5 p.u. (b) Machine standstill test is shown without load TL =
0.05 p.u.

structure presented, e.g., in [30]. However, this article focuses
only on the speed observer structure and the nonsinusoidal EMF
is treated as the observer’s disturbances. To minimize this effect
the LPF of the estimated rotor speed is introduced.

In Fig. 11(a), the rotor speed reverse under load torque, TL =
0.5 p.u. The rotor speed error is less than 0.05 p.u. and the error
of the rotor speed position is about 0.2 p.u. during the zero-value
of rotor speed (the ramp-time is set to about 2 s).

In Fig. 11(b), the rotor speed is changed from −0.2 to 0 p.u.
(for 2 s) and again to−0.2 p.u., after 3 s. The load torque value is
about 0.05 p.u. The average value of the rotor speed error is less
than 0.02 p.u. The rotor is at a standstill [the same condition as
in Fig. 7(b)]; however, the estimated value of the rotor position,
θ̂r, changed. This behavior results from the estimation law (9)
in which the rotor position is determined from the integration
of the estimated rotor speed as well as from the stabilization
law vθ = −cθ θ̃λ. The values of the function θ̃λ are shown in
Fig. 11(b). It prevents the IPMSM machine from getting stuck
and losing synchronization.

B. Load Torque Injections

In the second scenario, the rotor speed was set to 0.5 p.u.
and after 0.2 s load torque was increased to TL = 0.85 p.u.
For this test, the stator current isq value is limited in the
control system to 1.0 p.u., as shown in Fig. 12(a). Therein,
the estimated rotor speed ω̂r, stator current components îsd,
îsq , estimated and measured values of rotor position θ̂r, θrM
are also displayed. In Fig. 12(b), the same machine working
points are presented but in a small-time period of 150 ms. It
is obvious that the estimated rotor speed error in the steady-
state is about 0.01 p.u.; and the estimated and measured rotor
position are converged to each other. The calculated average
value of the rotor position error for this case is less than
0.015 p.u.
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Fig. 12. Machine is loaded (a) after 0.2 s the load torque TL ∼
0.85 p.u. is added, (b) stationary state is presented in 150 ms period.

Fig. 13. Regenerating mode of IPMSM machine for the low reference
speed 0.025 p.u., TL = −0.75 p.u. for the cases (a) in (32) kc = 0, (b) in
(32) kc = 1.5 p.u.

C. Low Speed and the Regenerating Mode

In this scenario, the behavior of the observer system was
checked during the changes in load torque values of IPMSM
(from motoring mode to regenerating mode). In Fig. 13, the
regenerating mode of the machine is presented. The rotor speed
is set to 0.025 p.u. for two cases: the observer gain is set to kc
= 0. For kc = 0, the load torque is about −0.75 p.u. and the
rotor position error is about 0.15–0.2%. The sensorless control
structure is stable, however, the properties of the observer struc-
ture are poor. The estimated stator current component îsq value
should be equal to −0.75 p.u. but, its value is about −0.65 p.u.
in Fig. 13(a); due to the rotor position error. It means that in
the low-speed range and the regenerating machine mode, value
of the variable sω has an average value different than zero. The
vectors of the estimated rotor flux from (10) and (11) and the
vector of stator current error are not perpendicular. Hence, the
value of the scalar product sω is constant and below the zero. In
Fig. 13(a), sωf is filtrated value of sω when low-pass filter (with
the time constant equal to 1/Ti = 0.05 p.u.) is used. The same
waveforms but for kc=1.5 p.u. are presented in Fig. 13(b). In this
case, the rotor position error is less than 2%–3%; the average

(a) (b)

Fig. 14. (a) Load torque is changed from regenerating TL −0.85 to
motoring mode 0.85 p.u. The rotor speed was 0.2 p.u. (b) rotor speed is
set to 0.02 p.u., and the machine is loaded TL = 1.25 p.u. (1.5TeN).

Fig. 15. Rotor speed is changed from 0.025 to 0.1 p.u. for (a) load
torque is TL = 0.75, (b) load torque is TL = −0.75 p.u.

value of sωf is almost zero; and the stator current îsqvalue is
−0.75 p.u. It implies that the sensorless control system with kc
� 0 is more robust on disturbances than with kc=0. In the former
case, they are the nonsinusoidal EMF and the slots harmonics
from Fig. 8. This is the main contribution of this article. The
oscillations are visible in Fig. 13(b) resulting from the gained
value of kcsω in (32).

In Fig. 14(a), the motor and regenerating modes of the ma-
chine are presented. The rotor speed was 0.2 p.u. and after 1 s
the load torque command is changed from −0.85 to 0.85 p.u.
(on the ramp about 0.5 s). The instantaneous rotor position error
was about 0.2 p.u. when the electromagnetic torque was close
to zero and changing its value from negative to positive. The
value of the deviation θ̃λ in (29) is converged to θ̃r. This is
visible in Fig. 14(a) and confirms the assumption in Remark 2.
In Fig. 14(b), the rotor speed is set to 0.02 p.u. and the load
torque is 1.25 p.u. (TL = 1.5TeN). The error of estimated rotor
speed is smaller than 0.01 p.u. error of rotor position is smaller
than 0.03 p.u. in the steady-state.

In Fig. 15(a), the motoring mode of IPMSM is presented. The
TL = 0.75 p.u. and the rotor speed is changed from 0.025 to
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(a) (b)

Fig. 16. Machine is loaded at about 0.35 p.u. value of load torque, the
rotor speed is 0.2 p.u. for different value of inductances. (a) Ld. (b) Lq.

0.1 p.u. The rotor speed has oscillation visible in the estimated
rotor speed transients during the very low speed of 0.025 p.u.
In Fig. 15(b), the regenerating mode of IPMSM is shown. TL =
−0.75 p.u. and the rotor speed is changing from 0.025 to 0.1 p.u.
(by using the ramp time ∼ 2 s for both cases).

D. Uncertainty of Machine Parameters

In Fig. 16, the test of robustness on the changes of the nominal
inductances Ld,q of IPMSM is presented. The reference rotor
speed is 0.2 p.u. and machine is loaded TL = 0.3 p.u. In the
sensorless control system after 2 s, the inductance Ld = 2LdN

[Fig. 16(a)]. The estimated rotor speed and position errors were
0.05 and 0.2 p.u. properly. In Fig. 16(b), in 0 s, the value of the Lq

= 0.3LqN and after 0.5 s Lq = LqN and after 2.5 s Lq = 1.5LqN.
For Lq = 1.5LqN, the observer is on the verge of stability. The
error of estimated rotor position is higher than 0.35 p.u.

The sensorless control system is robust on the changes of
the inductance Ld up to 2LdN without losing of stability; how-
ever, for the inductance Lq the maximum change is 1.5LqN.
Higher value leads to loss of stability, which is visible in
Fig. 16(b).

V. DISCUSSION

The presented experimental results of sensorless FOC control
of IPMSM validate the good properties of the proposed adaptive
speed and position observer for 0.02 p.u. (30 rpm); with injected
load torque. Due to the presence of nonsinusoidal EFM and
slot harmonics below 0.08 of nominal rotor speed (Figs. 9 and
10) in the IPMSM, oscillations of state variables occur. The
sensorless control system is stable; however, the quality of rotor
speed estimation and control is poor. Under small load torque
command (∼0.1–0.2 p.u.), amplitude of the stator current value
increases. This inconvenience can be minimized by using the
filtering method applied in a saliency-based solution, presented
in [28] and [29]; or the extended control system structure [30].
However, the sensorless control system becomes complicated
and computationally intensive in DSP. Additional analysis of

compensation methods should be carried out in the future and
is not the subject of this article.

The main contribution of this article is the adaptive speed
and position observer structure in which additional stabilization
law was introduced. This allows for stable machine operation
under nominal load torque value for motoring and regenerating
machine modes; and for rotor speed of about 30–35 rpm and
standstill [shown in Figs. 7(b) and 11(b) under the disturbances
described earlier]. The idea is based on the introduction of
additional law to the adaptive mechanism; which results from
space vector theory. Additional stabilizing functions added to the
speed adaptation mechanism (32) and to the position integrator
(9) prevent: unstable working points; loss of synchronization
in the IPMSM; and machine sticking. The transient of the
stabilizing function (30) is not constant during machine’s stand-
still operation [Figs. 7(b) and 11(b)]; thus, the introducing of
permanent excitation in the observer structure (usα,β �= 0 for
ωr = 0 [27]). The observers presented in, for example, [2],
[3], [4], [5], and [28] are not stable for the low-speed range
(below 0.15 p.u.) in the IPMSM with the nonsinusoidal EMF
(this was implemented and checked in the laboratory stand). In
the proposed solution, the observer system is based on the math-
ematical model of IPMSM inα-β reference frame and stabilized
by using the mutual position of the vectors. This stabilization
is effected by using the scalar product; which is introduced to
the rotor position and rotor speed estimation laws in (30) and
(33). Such an approach eliminates the potential errors in the
estimated position and rotor speed, which are introduced to the
observer structure based on the model in (d-q). The waveforms
for the proposed observer structure can be compared with the
HF method in [26]; to observer structure based on back-EMF
[8]; and the speed and position encoder-based measurements.
The waveform of the estimated rotor speed (ω̂rEMF ) based
on the classical back-EMF observer [8] was shown in Fig. 10
for speed higher than the nominal speed and for standstill of
the rotor, Fig. 11. Close to zero speed, the estimated speed
and position have the undamped oscillations, and the estimated
rotor speed error is above 0.06 p.u. for small speed range; and
0.08 p.u. for above nominal rotor speed [2.0 p.u., this is visible
in Fig. 10(a)]. In order to compare the proposed sensorless
structure with the encoder-based structure, the chosen wave-
forms are presented in Fig. 17. For this case, the waveforms
are similarly to Fig. 9. The rotor speed has smaller level of
oscillation (Fig. 17); however, the stator currents isd, isq contain
measurement noises. The machine dynamic is similar. For speed
close to zero, the saliency-based method (HF or LF injection)
should be applied to avoid loss of synchronization in the IPMSM.
This problem is averted by deploying the proposed sensorless
control structure with the additional stabilizing functions. This
indirectly injects higher harmonics and prevents the described
phenomena.

In Table II, the comparison between three estimation schemes
of rotor and position is presented. The first is proposed observer
structure which is based on the rotor flux vector, the second
is the classical EMF structure in the (dq) presented in [8] and
[31], and the third is the structure with HF injection for position
estimation [20], [31].
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(a) (b)

Fig. 17. IPMSM is (a) starting up to nominal speed, (b) reversing
to nominal speed. The rotor speed, position, and stator currents are
measured.

TABLE II
COMPARISON OF SELECTED PROPERTIES OF THREE STRUCTURES OF THE

OBSERVER (PROPOSED ROTOR FLUX OBSERVER, EMF, OBSERVER
WITH HF)

VI. CONCLUSION

This article presents the speed observer structure which is
based on the mathematical model of the IPMSM machine for
the stator current vector in the α-β reference frame. The rotor
flux vector is estimated by using algebraic equations. The rotor
speed is estimated by using the updated adaptive mechanism in
which additional feedback is introduced to minimize estimation
errors and to guarantee the robustness of the system. The rotor
position is estimated from the integration of the estimated rotor
speed value. The additional feedback was introduced to sat-
isfy the observer’s asymptotical stability. Proposed stabilization
functions improve the stability of the observer structure without
the HF injection of stator voltage [28] or stator current [29]. HF
components are not directly injected by using the stator voltages
but by using the proposed stabilization functions in the observer
structure. Presented experimental tests for low rotor speed under
regenerating mode, and standstill rotor operation confirm that the

Fig. 18. Photograph of the experimental stand with the IPMSM
clutched to dc machine.

proposed sensorless control system is stable. Both the simulation
and experimental results confirm that the observer structure is
stable even if the parameters of IPMSM are different from its
nominal values. The observer structure presented in this article
was tested: for ultralow speed conditions with motoring and
regenerating modes; with 150% of the load torque; and for speed
higher than the nominal speed. Achieved results confirm that the
proposed solution can be implemented in industrial applications.

APPENDIX

The parameters used in the mathematical model are defined

L0 = 0.5(Ld + Lq), L1 = L−1
d cos2θr + L−1

q sin2θr (36)

L2 = 0.5(Ld − Lq), L3 = 0.5

(
1

Ld
− 1

Lq

)
sin(2θr) (37)

L4 = L−1
d sin2θr + L−1

q cos2θr (38)

iα2 = isα cos 2θr + isβ sin 2θr (39)

iβ2 = − isα sin 2θr + isβ cos 2θr. (40)

The IPMSM machine nominal parameters are presented in
Table I. The rotor iron to be made of electric steel sheets having
nonlinear B-H characteristic.

The remanent flux density of PM is taken 1.15 T based on the
Nd-Fe-B magnet property. The IPMSM has p = 2 poles, 50 Hz,
number of slots is 36. The waveform of back-EMF has visible
slot’s harmonic shown in Fig. 8.

The photograph of the experimental stand is presented in
Fig. 18. The IPMSM is coupled to the dc machine.
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